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Borel's Conjecture 1919

countable = strong measure zero

Sierpinski 1928: Assuming CH, there is an uncountable SMZ set
Laver 1976: Borel's Conjecture is consistent with ZFC
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NN D Y is guessable: 3g € NY Vy € Y g =% y is infinite
Theorem (Rectaw 1994)

X is $1(0, O) & every continuous image of X into NV js guessable

m cov(M): minimal cardinality of a nonguessable set
B |X| < cov(M) = X is 5:(0,0)
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Rothberger

totally imperfect: no uncountable compact set inside
m Hurewicz + SMZ — Rothberger
m Assuming CH

X
Hurewicz + totally imperfect Rothberger
——

Haberl-Sz—Zdomskyy 2026: It is consistent with ZFC that

Hurewicz + totally imperfect = Rothberger
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Hurewicz Menger

o-compact —— Ugn(O,T) —— Sgn (0, 0)

Ny b T 0
51(0,(9) — strong

cov(M) measure zero

Rothberger

Chaber—Pol 2005: Hurewicz # Menger

Jabtczynski 2027:
If Cp(X) and Cp(Y) are homeomorphic and X is Menger, then Y is Menger.

Marciszewski—Pol-Zakrzewski 2026:
Assuming CH, for each Sierpinski set S there is a Hurewicz set H such that
S x H is not Menger
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Theorem (Milliken 1975, Taylor 1976) (N, +)

For each coloring of [N]2, there is a proper sequence aj, a, ... € N whose
sumgraph is monochromatic.
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Theorem (Tsaban 2018; Sz 2023) (1,V)
If X is S1(O, O), then for every U € O closed under finite unions, with no finite
subcover and coloring of [7]?, there are sets V4, V5, ... € U such that

m {n:x € V,}isinfinite for all x € X

m the sequence Vi, V5, ... is proper

m the sumgraph of V4, V5, ... is monochromatic.
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Theorem (Milliken 1975, Taylor 1976) (N, +)

For each coloring of [N]?, there is a proper sequence aj, as, ... € N whose
sumgraph is monochromatic.



	Rothberger
	Hurewicz and Menger
	Topological selections
	MIM's contribution
	Colorings

	anm24: 
	24.0: 
	anm23: 
	23.0: 
	anm22: 
	22.0: 
	anm21: 
	21.0: 
	anm20: 
	20.0: 
	anm19: 
	19.0: 
	anm18: 
	18.0: 
	anm17: 
	17.0: 
	anm16: 
	16.80: 
	16.79: 
	16.78: 
	16.77: 
	16.76: 
	16.75: 
	16.74: 
	16.73: 
	16.72: 
	16.71: 
	16.70: 
	16.69: 
	16.68: 
	16.67: 
	16.66: 
	16.65: 
	16.64: 
	16.63: 
	16.62: 
	16.61: 
	16.60: 
	16.59: 
	16.58: 
	16.57: 
	16.56: 
	16.55: 
	16.54: 
	16.53: 
	16.52: 
	16.51: 
	16.50: 
	16.49: 
	16.48: 
	16.47: 
	16.46: 
	16.45: 
	16.44: 
	16.43: 
	16.42: 
	16.41: 
	16.40: 
	16.39: 
	16.38: 
	16.37: 
	16.36: 
	16.35: 
	16.34: 
	16.33: 
	16.32: 
	16.31: 
	16.30: 
	16.29: 
	16.28: 
	16.27: 
	16.26: 
	16.25: 
	16.24: 
	16.23: 
	16.22: 
	16.21: 
	16.20: 
	16.19: 
	16.18: 
	16.17: 
	16.16: 
	16.15: 
	16.14: 
	16.13: 
	16.12: 
	16.11: 
	16.10: 
	16.9: 
	16.8: 
	16.7: 
	16.6: 
	16.5: 
	16.4: 
	16.3: 
	16.2: 
	16.1: 
	16.0: 
	anm15: 
	15.3: 
	15.2: 
	15.1: 
	15.0: 
	anm14: 
	14.4: 
	14.3: 
	14.2: 
	14.1: 
	14.0: 
	anm13: 
	13.55: 
	13.54: 
	13.53: 
	13.52: 
	13.51: 
	13.50: 
	13.49: 
	13.48: 
	13.47: 
	13.46: 
	13.45: 
	13.44: 
	13.43: 
	13.42: 
	13.41: 
	13.40: 
	13.39: 
	13.38: 
	13.37: 
	13.36: 
	13.35: 
	13.34: 
	13.33: 
	13.32: 
	13.31: 
	13.30: 
	13.29: 
	13.28: 
	13.27: 
	13.26: 
	13.25: 
	13.24: 
	13.23: 
	13.22: 
	13.21: 
	13.20: 
	13.19: 
	13.18: 
	13.17: 
	13.16: 
	13.15: 
	13.14: 
	13.13: 
	13.12: 
	13.11: 
	13.10: 
	13.9: 
	13.8: 
	13.7: 
	13.6: 
	13.5: 
	13.4: 
	13.3: 
	13.2: 
	13.1: 
	13.0: 
	anm12: 
	12.0: 
	anm11: 
	11.0: 
	anm10: 
	10.0: 
	anm9: 
	9.0: 
	anm8: 
	8.0: 
	anm7: 
	7.0: 
	anm6: 
	6.0: 
	anm5: 
	5.0: 
	anm4: 
	4.0: 
	anm3: 
	3.0: 
	anm2: 
	2.81: 
	2.80: 
	2.79: 
	2.78: 
	2.77: 
	2.76: 
	2.75: 
	2.74: 
	2.73: 
	2.72: 
	2.71: 
	2.70: 
	2.69: 
	2.68: 
	2.67: 
	2.66: 
	2.65: 
	2.64: 
	2.63: 
	2.62: 
	2.61: 
	2.60: 
	2.59: 
	2.58: 
	2.57: 
	2.56: 
	2.55: 
	2.54: 
	2.53: 
	2.52: 
	2.51: 
	2.50: 
	2.49: 
	2.48: 
	2.47: 
	2.46: 
	2.45: 
	2.44: 
	2.43: 
	2.42: 
	2.41: 
	2.40: 
	2.39: 
	2.38: 
	2.37: 
	2.36: 
	2.35: 
	2.34: 
	2.33: 
	2.32: 
	2.31: 
	2.30: 
	2.29: 
	2.28: 
	2.27: 
	2.26: 
	2.25: 
	2.24: 
	2.23: 
	2.22: 
	2.21: 
	2.20: 
	2.19: 
	2.18: 
	2.17: 
	2.16: 
	2.15: 
	2.14: 
	2.13: 
	2.12: 
	2.11: 
	2.10: 
	2.9: 
	2.8: 
	2.7: 
	2.6: 
	2.5: 
	2.4: 
	2.3: 
	2.2: 
	2.1: 
	2.0: 
	anm1: 
	1.3: 
	1.2: 
	1.1: 
	1.0: 
	anm0: 
	0.55: 
	0.54: 
	0.53: 
	0.52: 
	0.51: 
	0.50: 
	0.49: 
	0.48: 
	0.47: 
	0.46: 
	0.45: 
	0.44: 
	0.43: 
	0.42: 
	0.41: 
	0.40: 
	0.39: 
	0.38: 
	0.37: 
	0.36: 
	0.35: 
	0.34: 
	0.33: 
	0.32: 
	0.31: 
	0.30: 
	0.29: 
	0.28: 
	0.27: 
	0.26: 
	0.25: 
	0.24: 
	0.23: 
	0.22: 
	0.21: 
	0.20: 
	0.19: 
	0.18: 
	0.17: 
	0.16: 
	0.15: 
	0.14: 
	0.13: 
	0.12: 
	0.11: 
	0.10: 
	0.9: 
	0.8: 
	0.7: 
	0.6: 
	0.5: 
	0.4: 
	0.3: 
	0.2: 
	0.1: 
	0.0: 


